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the degree of divergence of the series. For the divergent series treated by Borel, p' ~ 1. If p' = 0, the series (I) has a finite radius of convergence. On the other hand, when p' = oo, Le Roy's integral can not be applied, but it may be conjectured that such cases will be of very rare occurrence. Le Boy proposes to employ the integral when the associated series is convergent for p = p' and when also its circle of convergence has a finite radius and is not a natural boundary. The function obtained from (12) will be unique, and he shows that the series which are summable by its use like the series of Sorely can be manipulated as convergent series. One might also inquire whether, in case (13) diverges for p = p' and we take p ;> pf ', we shall not get a unique result irrespective of the value of p.
Other forms of integrals may also be selected for the summation of the series, as for example,*
in which
r
Jo
To generate the given series (I) we must so select/ (a?) and F(zx) that
«'n = £n   f°
Jo
Borel chooses for f(z) the exponential function, making in consequence J?(zx), his associated series, dependent only upon the given series. Hence his process is called very appropriately the exponential method of summation. Stieltjes, f on the other hand, with his continued fraction arrives at an integral in which F(u) is the fixed function and/(z) is the variable function dependent on the series given. For the fixed function he takes
*Cf. Le Boy, loc. tit., pp. 414-415.
fXoc. cit.should be strongly emphasized. In any complete theory of divergent series it is an ultimatum that they shall in all essential points * permit of manipulation
